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the flecnode surface of 8. The asymptotic lines upon the two sheets of the flecnode surface, therefore, correspond to each other. Since the flecnode surface is also the focal surface of the congruence F, we see that the flecnode congruence is a so-called TV-congruence.
It will be clear without lengthy explanation what we mean by the osculating linear complex of a ruled surface. Every linear complex gives rise to a point-plane correspondence. Thus, there corresponds, in the osculating linear complex, to every point of the generator g of a ruled surface, a plane containing g. There corresponds to every point of g another plane containing g, namely the plane which is tangent to 8 at that point. There will be two points on g (in general) at which these two planes coincide. We shall speak of these as the complex points of g, and of their locus on S as the complex curve. The complex curve, like the flecnode curve, intersects every generator in two points. These four points form a harmonic group on every generator. Of course the complex curve may be determined by factoring a quadratic co variant, viz.:
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The complex curve becomes an asymptotic curve if the surface S belongs to a linear complex. The covariant <77 of Lecture II determines a pair of points which divides both flecnodes and complex points harmonically. Of course not all three point-pairs can be real simultaneously.
Let H be the hyperboloid which osculates the ruled surface S along one of its generators g. Let g', a generator of the first set on IT, be the corresponding generator of the derived ruled surface S', and let Hf be the hyperboloid which osculates S' along/. Since/ is situated entirely upon Hr as well as upon H, the rest of the intersection of these two hyperboloids is, in general, a space cubic. This cubic is called the derivative cubic. We obtain, in this way, associated with every ruled surface, surfaces containing a single infinity of space cubics. The derivative cubic